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1. Abstract

In this report is going to be illustrated the implementation of a code simulating the damage behaviours of a
material, in terms of its main characteristics.
It will be briefly given an overview over the damage models and its features, then will be shown the implemen-
tations done. The code has been written in MatLab. The code has been tested with different situations, in
which the loads will increase or decrease in different way, with different damage models. Then the results will
be commented in order to check the correctness of the implementations.
The situations will be analyzed under the inviscid and viscous hypothesis with different values of the integration
parameter α, viscosity η and time of load application.
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2. Rate independent models

The Rate independent models are models in which the deformation rate doesn’t depend on the rate at which
loads are applied.
In this part will be considered the inviscid case: the Eprop(6) in the MatLab code will be set equal to zero.

2.1 Damage models

The damage models are the symmetric, only-tension and non-symmetric. The damage surface is different for
any of these models, the code has been implemented in order to be able to plot the right damage surfaces for
each model. Each surface will change after applying a load, depending of the hardening/softening modulus
that will describe if the material is going to harden or soften. This part will be described in section 2.2.
Here are shown the plots of the different models. The elastic region is defined by the plotted damage surface.

Figure 2.1: Symmetric

In the symmetric model (2.1), the elastic region is the same for compression and traction. This model was
already implemented in the code, so no changing has been done.
In the only tension model (2.2), the compression stresses are set equals to zero. That’s why the plot presents
two asymptotes close to the zeros of σ1 and σ2. The implementations done are shown between lines 69 and
91 in the Appendix 8.1 in which is shown the code. At the beginning, the characteristic sizes of the domain
are defined, as in the symmetric model. Then the radius is computed considering only the σ positives and the
negative ones equals to zero (lines 84-85 in 8.1).
In the non symmetric model (2.3), the damage surface is lead by the compression/traction ratio, defined equal
to three. As a consequence, it can be appreciated in the plot that the compression elastic domain is three times
bigger than the traction one.
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Figure 2.2: Only tension

Figure 2.3: Non symmetric

The implementations of the code are in the Appendix A 8.1 between lines 95 and 124. After initializing all
the variables in the same way as the symmetric and only tension case, it computes the sum of the positives
stresses and the sum of the absolute values in order to compute the coefficient θ. This coefficient is needed to
compute the τ , and so the radius, in this way:

τσ = θ +
1− θ
n

]
√
σ : C−1 : σ (2.1)

For the application of the load paths, in Appendix C 10.1 is computed the rtrial for each step.

2.2 Hardening/Softening

The hardening or softening process after applying a load can be linear or exponential. It is the process of a
material of changing its yield stress after reaching the previous one and it depends on the material properties,
especially on the hardening/softening modulus. Below there is a simulation done considering the hardening
process, exaggerating the value of the hard/soft modulus H = 1. The softening case will be the opposite.
In Figure 2.4 and Figure 2.5 are presented the new damage surfaces at each iteration. As can be noticed, in
the linear case (Figure 2.4) the damage surface is increasing time by time constantly and the damage surface
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Figure 2.4: Linear

Figure 2.5: Exponential

follows the load path. In the exponential case (Figure 2.5, this increment of the σy won’t follow completely the
load path and the damage surface increases less every step.
These behaviours are well describe by the comparison plot in Figure 2.6. This plot shows the changing of
the hardening variable during the load application compared to the internal variable. The red one is the
exponential behaviour, and it coincides with the Figure 2.5 in which the damage surface increases less than
the linear behaviour. In fact the hardening variable of the linear increases constantly, as the damage surface.
The code has been implemented in the function in Appendix 9.1 between lines 78 to 85. It has been defined the
q-n1 for the exponential law following the theory and the q-infinite in order to compute the requested variable.
These values are defined as in Figure 2.7.
To assess the correctness of the code, it has been tested for each type of damage model defined above with
three different series of loading path both for the linear and exponential hardening/softening.
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Figure 2.6: Comparison

Figure 2.7: q-r
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3. Uniaxial loading/unloading

The values chosen are:

E = 2000

Y ield stress (σy) = 200

Poisson ratio (ν) = 0.3

Harde/soft ratio (H) = −0.3 (softening)

ratio compression/traction (n) = 3

(3.1)

while the increments α, β, γ are defined as following:

α = 300

β = 1350

γ = 800

(3.2)

Being uniaxial, the increment on σ2 will be always equal to zero. The increment of σ will be the following:

∆σ1
1 = (α; 0)

∆σ2
1 = (−β; 0)

∆σ3
1 = (γ; 0)

(3.3)

Symmetric Model: The differences in the symmetric model can be seen very clearly. Figure III in 3.1 shows
the difference in softening of the exponential (red line) from the linear. The correctness can be seen analyzing
the strain-stress plot (Figure III 3.1). In the first part the load overcome the yield stress and, because of the
softening situation, the stress goes down. Same situation in the opposite side, but with compression. Here it
happens that for the linear behaviours the material is going to be completely damaged, as it can’t hold any σ.
On the other hand, the exponential shows a better behaviour.
Only Tension Model: In the only tension model is in evidence (Figure II 3.2) the difference in the tension
field in which the linear softening (red line) is lower than the exponential, as expected. In compression it will
always remain in the elastic field. In fact, in the plot in Figure III 3.2 can be noticed that the load path cross
the damage surface only in one point.
Non Symmetric Model: In the non symmetric damage model (Figure 3.3), the exponential (red line) behaves
in the correct way respect to the linear.
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Figure 3.1: Symmetric Model, Case 1
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Figure 3.2: Only tension Model, Case 1
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Figure 3.3: No symmetric Model, Case 1
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4. Biaxial asymmetric loading/unloading

The values chosen are:

E = 2000

Y ield stress (σy) = 250

Poisson ratio (ν) = 0.3

Harde/soft ratio (H) = 0.3 (hardening)

ratio compression/traction (n) = 3

(4.1)

while the increments α, β, γ are defined as following:

α = 400

β = 1000

γ = 800

(4.2)

The increment of σ are defined as:

∆σ1 = (α; 0)

∆σ2
2 = (−β;−β)

∆σ3
2 = (γ; γ)

(4.3)

Symmetric Model: In Figure III of 4.1 is shown the plot in which the red line is the exponential hardening
law. In this case it is an hardening situation as the hard/soft modulus is positive. In fact it can be appreciate
that the σ is increasing after reaching the yield stress. During the second load path, there are two σ. It can
be seen the effect of the increment of σ2 that shows the different behaviours of the linear and exponential case,
previously explained in 2.2.
Only Tension and No Symmetric Model: The attention has to be focused on the similarity of the two
cases described in 4.2 and 4.3. The load paths has been chosen small enough in order to show that in the non
symmetric case, considering the compression/traction ratio defined in 2.1, the behaviours should be the same.
In fact, looking at the Figure II of 4.2 and 4.3 the behaviours are almost the same. In each figure, the red line
is the exponential.
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Figure 4.1: Symmetric Model, Case 2
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Figure 4.2: Only Tension Model, Case 2
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Figure 4.3: No symmetric Model, Case 2

13



5. Biaxial symmetric loading/unloading

The values chosen are:

E = 2000

Y ield stress (σy) = 250

Poisson ratio (ν) = 0.3

Harde/soft ratio (H) = −0.2 (softening)

ratio compression/traction (n) = 3

(5.1)

while the increments α, β, γ are defined as following:

α = 350

β = 1100

γ = 850

(5.2)

The increment of σ are defined as:

∆σ1
2 = (α;α)

∆σ2
2 = (−β;−β)

∆σ3
2 = (γ; γ)

(5.3)

Symmetric Model: In figure II of 5.1 is show the plot in function of the norm of the stress and strain, in
order to take into account both of the σ. In this case can be better appreciate that the yield stress is the same
after the load cycle. In Figure III of 5.1 it can be seen the changing in time of the hardening variable, that
makes sens considering the softening situation.
Only Tension Model: It can be clearly seen from Figure 5.2 that the material is damaged only during the
first load path. That was expected as is an only tension model and in compression will be always in the
elasticity field. The red line is the exponential law, that is less damaged than the linear. The difference is so
small that for the plot strain-stress will be plotted only the one for exponential. The difference of behaviours
can be better appreciated in Figure II of 5.2.
Non Symmetric Model: As it can be seen, the behaviours are almost the same as the only tension model.
The material doesn’t get really damaged.
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Figure 5.1: Symmetric Model, Case 3
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Figure 5.2: Only Tension Model, Case 3
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Figure 5.3: No symmetric Model, Case 3
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6. Rate dependent models

The rate dependent models are the ones in which the deformation rate depends on the rate at which the load
is applied. This models had to be implemented, and the implementations done are shown in the Appendix B
9.1 and D 11.1.
In the function rmap−dano1 9.1 the changing has been done in lines 51 to 61. The code computes the needed
values or rn1 in order to compute the values for the next iteration. Depending if in visco-damage situation or
not, the code will compute this value with the respective law (lines 51-54 if inviscid, lines 55-61 if viscous).
To do so, in the viscous case, the code is taking the values of rtrial from the function Modelos− de− dano1
in 10.1 but now it considers two different steps as different inputs: eps − n and eps − n1 to define rtrial and
rtrial− n for computing the requested value rtrial− an depending on the integration coefficient factor α and
the time delt.
The eps−n written above is computed (line 143, Appendix D 11.1) as the eps at the step i− 1, so it has been
defined as eps − n1 but for the previous step. To compute the σ and the other variables, the code calls the
function rmap−dano1 as said before. To call it, it needs to give as an input also the new eps−n and the time
interval delt defined in line 103 of Appendix D 11.1.
In order to make everything works, the new variables has been given as an input of the function rmap− dano1
as can be appreciated in line 148 of Appendix D 11.1 and in line 1 of Appendix B 9.1.
To check the correctness of the implementation, the code has been tested with different values of the viscosity
(6.1), different values of the strain rate (6.2) and different values of the integration factor α (6.3).

6.1 Viscosity η

In the plot in Figure 6.1 is shown the behaviours of the material while changing the viscous coefficient η. The
simulation has been run with the linear symmetric damage model with the following values:

E = 2000

ν = 0.3

H = 0.2(hardening)

α = 1

t = 20

n = 3

(6.1)

And it has been considered only one increment of σ:

σ = (400; 400) (6.2)

Has been chosen three different values of η:

η1 = 0.3

η2 = 3

η3 = 9

(6.3)

18



Figure 6.1: Effect of viscosity η

The correctness of the code can be seen as, for η −→ 0 the behaviours of the plot tends to the inviscid linear one.
While for η −→ ∞, in the inelastic domain, the stress increases proportionally to the viscosity. As a results,
increasing η the damage will be smaller.

6.2 Strain rate

The strain rate can be defined as the strain ε divided on time. So to test the code it has been chosen different
values of total time in order to simulate different strain rate. The simulation has been run with the linear
symmetric damage model with the following values:

E = 2000

ν = 0.3

H = 0.2(hardening)

α = 1

η = 0.3

n = 3

(6.4)
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And it has been considered only one increment of σ:

σ = (400; 400) (6.5)

Has been chosen three different values of time:

t1 = 1

t2 = 10

t3 = 20

(6.6)

Figure 6.2: Effect of the strain rate

In the plot can be clearly seen how the stress increasing change with the strain rate. For t −→ 0 the strain rate
goes to∞ and the material behaved as a fully elastic one. While when time increases, the strain rate decreases
and consequently the σ is going to be smaller according to the theory.

6.3 α parameter

The α factor influences the accuracy of the method. From the theory it is stable between [ 12 ; 1] and if equal to
1/2 it is second order using crank-nicholson scheme. So it will be expected the best behaviour with α = 1/2
and the worst one going to zero.
The simulation has been run with the linear symmetric damage model with the following values:

E = 2000

ν = 0.3

H = −0.2(softening)

t = 15

η = 0.3

n = 3

(6.7)

And it has been considered only one increment of σ:

σ = (400; 400) (6.8)
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Has been chosen five different values of α:

α1 = 0

α2 = 1/4

α3 = 1/2

α4 = 3/4

α5 = 1

(6.9)

Figure 6.3: Effect of α parameter

As it can be noticed in Figure 6.3, when α −→ 0 the plot has an unusual slope that doesn’t perfect suit the
reality. On the other hand, going to the values of 1/2, it makes sense because is starting from the slope of the
elastic domain. While going to 1, the method can be seen is stable according to the theory, but less accurate
than the blue line because the slope is smoothing a lot.
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7. Conclusions

In conclusion it can be said that the code well simulate the reality. It has been implemented well and in every
situation it gave reasonable results.
While hardening/softening, the damage surface behaved as expected following the linear or exponential laws,
according to the interface window. It gave similar results with similar load path series, even if the model were
different, according to the physical meanings of the model (case in 4 for only-tension and no symmetric).
While evaluating the hardening variable, it was computed in function of time according with the theory and
the hard/soft laws, as well as the damage. The viscous implemented case, showed reasonable results while
changing the parameters, from the material to the integration methods.
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8. Appendix A

8.1 Dibujar-criterio-dano1
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9. Appendix B

9.1 rmap-dano1
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10. Appendix C

10.1 Modelos-de-dano1
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11. Appendix D

11.1 Damage-main
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